In this short note, we announce a result relating the geometry of a riemannian surface to the positivity of some operators on this surface (the operators considered here are of the form surface Laplacian plus a scalar multiple of the curvature function). In particular we obtain a theorem ''à la Huber'': under a spectral hypothesis we prove that the surface is conformally equivalent to a Riemann surface with a finite number of points removed. This problem has its origin in the study of stable minimal surfaces.
INTRODUCTION
Minimal submanifolds are solution of a variational problem: they are critical points of the volume functional for deformations with compact support. The second derivative of the volume functional is given by a quadratic form associated to a selfadjoint operator (the stability operator). A minimal immersion is called stable when it is a local minimum of the volume functional, that is when the stability operator is a positive operator.
For a minimal surface M in R 3 , the stability operator is given by S = + 2K, where K is the (intrinsic) curvature of M. For a surface immersed in a manifold with nonnegative scalar curvature, the positivity of the stability operator implies the positivity of the operator L = + K. In order to study stable minimal surfaces, these remarks lead the authors of Fischer-Colbrie and Schoen (1980) to consider the problem of relating the positivity of operators of the form + λK (λ ∈ R) on a surface to the geometry of the surface. Let (M, h) be a complete noncompact Riemannian surface and let K be its curvature. For all λ ∈ R, consider the operator L λ = + λK and q λ the associated quadratic form. It is easy to see (cf. Fischer-Colbrie and Schoen 1980 ) that the set I h = {λ ∈ R | q λ positive} is a closed interval: E-mail: cast@math.univ-montp2.fr The purpose of this note is to give the great lines of the proof of the following result which answers the question.
A straightforward corollary is that b h ≤ 1/4 when h is a complete conformal metric on the disc. Moreover, the inequality in the statement of theorem A is optimal since b h = 1/4 for the Poincaré metric on the disc. Notice also that C and C * admit complete flat metrics for which
On the other hand, with a similar proof we get the following theorem which is to be compared with Huber's theorem (cf. Huber 1957): In this short communication we only give the great lines of the proofs. Detailed proofs will appear elsewhere. 
SKETCH OF PROOFS

Notations
Sketch of Proof of Theorem A
Using the fact that q λ is a positive form for some λ > 1/4, the proof consists in estimating q λ (f ) for suitable functions f (with compact support) of the form f = ξ(r). To do this, we have to handle with terms of the form C Q R
Kξ(r)
2 dv h . These terms can be estimated using the following technical lemma:
The proof of this lemma is based on the method used by Colding and Minicozzi (2002) which makes a heavy use of the function (s). In Colding and Minicozzi (2002) , the authors use this function as if it were absolutely continuous, which is not the case in general. However, this difficulty can be bypassed using the following two properties of (cf. Shiohama and Tanaka (1989) and Shiohama and Tanaka (1993) for proofs of these two facts):
Theorem 2. The function is differentiable almost everywhere and
With the lemma 1 in hand, it remains to use suitable functions ξ . The first step consists in controling the topology: under the hypothesis of theorem A we prove that M is of finite topology and that χ(M) ≥ 0. The second step consists in controling the volume growth unsing a different function ξ : we prove that there exists a constant c M such that vol(B s ) ≤ c M s 2 . Then it is a standart argument in potential theory that a surface with quadratic volume growth must be parabolic (ie. each end must be conformally equivalent to the punctured disc). The proof of theorem B follows the same steps, but since the operator L λ is assumed to be positive only outside a compact set , we have to use functions of the form f = ξ(r) with compact support outside . The consequence is that we can only prove that the topology is finite, without estimating χ(M).
Some Remarks
In order to give a complete answer to the question stated in .
Moreover, for the metric h ∞ = e µ(z) |dz| 2 it is not hard to see that b h ∞ = 0. Thus, we have the following proposition:
